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33--D Image Warping D Image Warping [McMillan [McMillan -- Bishop 95]Bishop 95]

DemoDemo

• Maps images with depth onto arbitrary image planes

• Scene geometry implicitly represented by a pinhole 
camera and per pixel depth

•• Maps images with depth onto arbitrary image planesMaps images with depth onto arbitrary image planes

•• Scene geometry implicitly represented by a pinhole Scene geometry implicitly represented by a pinhole 
camera and per pixel depthcamera and per pixel depth
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33--D Image Warping D Image Warping [McMillan [McMillan -- Bishop 95]Bishop 95]
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33--D Image Warping (Cont.)D Image Warping (Cont.)
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• What we need to know
– Camera parameters

• Position (Cs)
• Orientation, focal distance, horizontal and vertical FOVs (Ms)

– Per pixel depth (ts)

•• What we need to knowWhat we need to know
–– Camera parametersCamera parameters

•• Position (Position (CCss))
•• Orientation, focal distance, horizontal and vertical Orientation, focal distance, horizontal and vertical FOVsFOVs ((MMss))

–– Per pixel depth (Per pixel depth (ttss))
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33--D Image Warping (Cont.)D Image Warping (Cont.)
• Produces correct 3-D reprojections from arbitrary views

• Compute the projections onto arbitrary image planes by 
solving 

•• Produces correct 3Produces correct 3--D D reprojectionsreprojections from arbitrary viewsfrom arbitrary views

•• Compute the projections onto arbitrary image planes by Compute the projections onto arbitrary image planes by 
solving solving 
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• Produces correct 3-D reprojections from arbitrary views•• Produces correct 3Produces correct 3--D D reprojectionsreprojections from arbitrary viewsfrom arbitrary views
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33--D Warping EquationD Warping Equation
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δδss = 1/= 1/ttss is called the is called the generalized disparitygeneralized disparity of pixel of pixel ppss

• 3-D image warping is equivalent to a texture mapping 
operation followed by a per pixel shift proportional to δs
in the direction of the epipole

• Generalizes conventional texture mapping

•• 33--D image warping is equivalent to a texture mapping D image warping is equivalent to a texture mapping 
operation followed by a per pixel shift proportional to operation followed by a per pixel shift proportional to δδss
in the direction of the in the direction of the epipoleepipole

•• Generalizes conventional texture mappingGeneralizes conventional texture mapping
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33--D Warping Equation (Cont.)D Warping Equation (Cont.)
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33--D Warping Equation (Cont.)D Warping Equation (Cont.)

),()()()()()(
),()()()()()(

sstttsttssttsstts

sstttsttssttsstts
t vubaCCbacvbabubaa

vucbCCcbcvcbbucbau
δ
δ

rr&&
rrrrrrrrr

rr
&&rrrrrrrrr

×⋅−+×⋅+×⋅+×⋅
×⋅−+×⋅+×⋅+×⋅

=

),()()()()()(
),()()()()()(

sstttsttssttsstts

sstttsttssttsstts
t vubaCCbacvbabubaa

vuacCCaccvacbuacav
δ
δ

rr&&
rrrrrrrrr

rr&&rrrrrrrrr

×⋅−+×⋅+×⋅+×⋅
×⋅−+×⋅+×⋅+×⋅

=

),(14131211 ssss vuwwvwuwr δ+++=

),(24232221 ssss vuwwvwuws δ+++=

),(34333231 ssss vuwwvwuwt δ+++=

t
rut = t

svt =

wwijij: recomputed as the target : recomputed as the target 
camera parameters changecamera parameters change

SubSub--expressions of expressions of rr, , ss andand tt
can be updated incrementallycan be updated incrementally
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DisocclusionDisocclusion ArtifactsArtifacts
• Exposures of areas not visible in the original image 

introduce artifacts

• Need samples from other images to fill the holes

•• Exposures of areas not visible in the original image Exposures of areas not visible in the original image 
introduce artifactsintroduce artifacts

•• Need samples from other images to fill the holesNeed samples from other images to fill the holes
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CCtt

desired imagedesired image

source imagesource image

OcclusionOcclusion--Compatible OrderCompatible Order

CCss

• List priority algorithm for solving visibility•• List priority algorithm for solving visibilityList priority algorithm for solving visibility
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EpipoleEpipole: projection one center of projection onto the : projection one center of projection onto the 
image plane of the other cameraimage plane of the other camera

epipoleepipole

OcclusionOcclusion--Compatible Order Compatible Order (Cont.)(Cont.)

epipoleepipole CCtt

CCss
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CCtt

desired imagedesired image

source imagesource image

OcclusionOcclusion--Compatible OrderCompatible Order

CCss
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OcclusionOcclusion--Compatible Order Compatible Order (Cont.)(Cont.)

CCtt

desired imagedesired image

source imagesource image

CCss

epipoleepipole

warping direction: warping direction: 
leaving the epipoleleaving the epipole
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• Algorithm summary•• Algorithm summaryAlgorithm summary

OcclusionOcclusion--Compatible Order Compatible Order (Cont.)(Cont.)

Find the project. of target COP onto the source image plane (epiFind the project. of target COP onto the source image plane (epipole)pole)

Divide source image plane into at most 4 sheets based on the epiDivide source image plane into at most 4 sheets based on the epipolepole

If If target COPtarget COP is behind is behind source COPsource COP

for each sheetfor each sheet

warp samples from the epipole towards the borders of twarp samples from the epipole towards the borders of the sheethe sheet

elseelse

for each sheetfor each sheet

warp samples from the borders of the sheet towards thewarp samples from the borders of the sheet towards the epipoleepipole
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• Projecting Ct onto the source image plane

• The coordinates of the projected point are given by

•• Projecting Projecting CCtt onto the source image planeonto the source image plane

•• The coordinates of the projected point are given byThe coordinates of the projected point are given by

Computing the Computing the EpipoleEpipole
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• The epipole splits the source image in at most 4 sheets•• The The epipoleepipole splits the source image in at most 4 sheetssplits the source image in at most 4 sheets

Splitting the Source ImageSplitting the Source Image
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• ez negative: target COP behind source COP •• eezz negative: target COP behind source COP negative: target COP behind source COP 

Warping DirectionWarping Direction
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• ez non-negative: target COP aligned with or in front of 
the source COP 

•• eezz nonnon--negative: target COP aligned with or in front of negative: target COP aligned with or in front of 
the source COP the source COP 

Warping DirectionWarping Direction
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